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Abstract. In contrast to statistical representations, graphs offer some
inherent advantages when it comes to handwriting representation. That
is, graphs are able to adapt their size and structure to the individual
handwriting and represent binary relationships that might exist within
the handwriting. We observe an increasing number of graph-based key-
word spotting frameworks in the last years. In general, keyword spotting
allows to retrieve instances of an arbitrary query in documents. It is
common practice to optimise keyword spotting frameworks for each doc-
ument individually, and thus, the overall generalisability remains some-
how questionable. In this paper, we focus on this question by conducting
a cross-evaluation experiment on four handwritten historical documents.
We observe a direct relationship between parameter settings and the
actual handwriting. We also propose different ensemble strategies that
allow to keep up with individually optimised systems without a priori
knowledge of a certain manuscript. Such a system can potentially be
applied to new documents without prior optimisation.

Keywords: Keyword Spotting · Handwritten Historical Documents ·
Graph-based Representations ·Hausdorff Edit Distance · Ensemble Meth-
ods.

1 Introduction

Different handwritten historical documents often show large variations in the
handwriting (e.g. scale or style) and are often negatively affected by ink-bleed
through, fading, etc. Consequently, an automatic full transcription is often not
feasible [3]. For this reason, Keyword Spotting (KWS) has been proposed as a
more flexible and error-tolerant alternative [5]. In particular, KWS systems allow
to retrieve all word instances in handwritten historical documents that represent
a given query word.
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1.1 Related Work

In graph-based KWS, a query graph is commonly matched with the graphs that
represent the document words. Hence, sorted graph dissimilarities can be used to
derive a retrieval index that consists – in the best case – of all relevant keywords
as its top results.

Different graph-based approaches for KWS are based on different representa-
tions of the handwriting. However, nodes are often used to represent character-
istic points (so called keypoints) in the handwriting, while edges are commonly
used to represent handwriting strokes [13]. In other approaches the nodes are
used to represent prototype strokes, while edges are used to connect nodes that
stem from the same connected component [2,8]. More recently, a set of different
graph-based handwriting representations has been proposed that make use of
keypoints, grid-wise segmentations, or projection profiles [10]. These handwrit-
ing graph representations have been actually employed in various graph-based
KWS applications [1,7,11,12]. Very recently, Deep Learning techniques (so called
Message Passing Neural Networks) have been used to enhance node labels by a
structural node context [7].

Regardless the graph representation actually used, a matching procedure is
required in order to conduct KWS. To this end, different graph dissimilarities
have been employed like, for instance, Bipartite Graph Edit Distance (BP) [2,8,
11,12,13]4 as well as Hausdorff Edit Distance (HED) [1,7]5. Moreover, ensemble
methods have been proposed to combine different graph representations [11].

1.2 Contribution

It is common practice in the field of KWS research that parameters are indi-
vidually optimised for every document [2, 3, 5, 7, 8, 13]. That is, the parameters
are often optimised on a subset of a specific document and then tested on a
disjoint set stemming from the same document. However, this practice does not
reflect a realistic scenario especially as libraries often keep thousands of differ-
ent handwritten historical documents. It would be a very cumbersome and time
consuming task to individually optimise a given KWS system for each of these
documents.

In the present paper, we evaluate the generalisability of a graph-based KWS
system. That is, we investigate the performance and limitation of this sys-
tem in a cross-evaluation experiment on four handwritten historical documents,
viz. George Washington (GW)6, Parzival (PAR)7, Alvermann Konzilsprotokolle

4 BP has been introduced in [9].
5 HED has been introduced in [4].
6 George Washington Papers at the Library of Congress, 1741-1799: Series 2, Letter-

book 1, pp. 270-279 & 300-309, http://memory.loc.gov/ammem/gwhtml/gwseries2.
html

7 Parzival at IAM historical document database, http://www.fki.inf.unibe.ch/

databases/iam-historical-document-database/parzival-database
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Fig. 1: Exemplary excerpts of four handwritten historical documents: (a) George
Washington (GW), (b) Parzival (PAR), (c) Alvermann Konzilsprotokolle (AK),
(d) Botany (BOT).

(AK), and Botany (BOT)8. In particular, we optimise parameters on one docu-
ment (for instance GW) and eventually test the optimised settings on the three
remaining documents (in this case PAR, AK, and BOT). We repeat this pro-
cedure for each document. Moreover, we propose and evaluate novel ensemble
methods that allow to test unknown documents without prior optimisation step.
That is, these ensemble systems combine the results of three KWS systems (indi-
vidually optimised on three different manuscripts) in order to instantly perform
KWS on an unseen document.

In Fig. 1, excerpts from each document are shown. The large variations in
the writing styles and document states are clearly visible and illustrate the chal-
lenging task of tuning a KWS system on one document that eventually returns
reasonable results on other documents.

The remainder of this paper is organised as follows. First, the graph-based
KWS framework actually employed for our research study is reviewed in Sec-
tion 2. Next, the cross-evaluation experiment on the four handwritten documents
as well as the ensemble results are presented and discussed in Section 3. Finally,
we draw conclusions and discuss further research activities in Section 4.

2 Graph-based Keyword Spotting

In this section, we review a graph-based KWS framework originally proposed
in [1,12]. We use this framework as basic system to conduct both the cross vali-
dation and the ensemble experiments. This framework is based on three different
processing steps (as illustrated in Fig. 2) and is briefly outlined in the next three
subsections. In the fourth and last subsection we discuss a possibility to build
an ensemble out of different KWS systems that might be particularly useful in
order to increase the generalisability of a KWS system.

8 Alvermann Konzilsprotokolle and Botany at ICFHR2016 benchmark database,
http://www.prhlt.upv.es/contests/icfhr2016-kws/data.html
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2.1 Image Preprocessing

For the two documents GW and PAR, general noise is addressed by means
of Difference of Gaussians filtering. Next, document images are binarised by
global thresholding. Moreover, the resulting document images are automatically
segmented into single word images by means of their projection profiles, and if
necessary manually corrected. That is, we focus on the KWS process itself and
assume perfectly segmented documents in our evaluations. For deskewing, the
angle between x-axis and lower baseline of a text line is estimated and used to
rotate single word images. Finally, preprocessed word images are skeletonised by
means of thinning.

For the two documents AK and BOT, segmented word images are directly
taken from the ICFHR2016 benchmark database [6], and thus, only binarisation
has been employed. To handle small segmentation errors, we employ an addi-
tional image preprocessing step that removes small connected components on
these two manuscripts.

We denote preprocessed and skeletonised word images by S from now on.
For more details on the preprocessing step we refer to [11,12].

2.2 Handwriting Graphs

In general, a graph g is defined as a four-tuple g = (V,E, µ, ν) where V and E
are finite sets of nodes and edges, and µ : V → LV and ν : E → LE are labelling
functions for nodes and edges, respectively. The handwriting graphs employed
in this paper are defined as follows. Nodes are used to represent characteristic
points, so-called keypoints, in the handwriting, while edges are used to represent
strokes between keypoints. Hence, nodes are labelled with two-dimensional nu-
merical labels, while edges remain unlabelled, i.e. LV = R2 and LE = ∅. In the
following paragraphs we briefly review the procedure of extracting graphs from
word images (for details we refer to [12]).

First, end points and junction points are identified in the word images S.
Selected keypoints are added to the graph as nodes and labelled with their
respective (x, y)-coordinates. Next, intermediate points are added as nodes along
the skeleton in equidistant intervals of size D. Eventually, an undirected edge
(u, v) between u ∈ V and v ∈ V is inserted into the graph for each pair of nodes
that is directly connected by a chain of foreground pixels in image S.

Document

2.1) Image
Preprocessing

Words Retrieval Index

2.2) Handwriting
Graphs

<latexit sha1_base64="+kyFVu39U0zmOmh0aZOESqGPtsc=">AAACDnicbVC7TsMwFHXKq4RXgJHFoqoES5RkAbZKDHQsEn1ITVQ5rtNadZzIdkBV1C9g4VdYGECIlZmNv8FpM0DLka50dM596J4wZVQqx/k2KmvrG5tb1W1zZ3dv/8A6POrIJBOYtHHCEtELkSSMctJWVDHSSwVBcchIN5xcF373nghJE36npikJYjTiNKIYKS0NrLqPCVdEUD4yPds7h03Ehw+CKi1A34c3AqVjObBqju3MAVeJW5IaKNEaWF/+MMFZrHdjhqTsu06qghwJRTEjM9PPJEkRnqAR6WvKUUxkkM/fmcG6VoYwSoQuruBc/T2Ro1jKaRzqzhipsVz2CvE/r5+p6DLIKU8zRTheHIoyBlUCi2zgkAqCFZtqgnCRAYZ4jATCOiBp6hDc5ZdXScezXcd2b71a46qMowpOwCk4Ay64AA3QBC3QBhg8gmfwCt6MJ+PFeDc+Fq0Vo5w5Bn9gfP4AQJqa7g==</latexit><latexit sha1_base64="+kyFVu39U0zmOmh0aZOESqGPtsc=">AAACDnicbVC7TsMwFHXKq4RXgJHFoqoES5RkAbZKDHQsEn1ITVQ5rtNadZzIdkBV1C9g4VdYGECIlZmNv8FpM0DLka50dM596J4wZVQqx/k2KmvrG5tb1W1zZ3dv/8A6POrIJBOYtHHCEtELkSSMctJWVDHSSwVBcchIN5xcF373nghJE36npikJYjTiNKIYKS0NrLqPCVdEUD4yPds7h03Ehw+CKi1A34c3AqVjObBqju3MAVeJW5IaKNEaWF/+MMFZrHdjhqTsu06qghwJRTEjM9PPJEkRnqAR6WvKUUxkkM/fmcG6VoYwSoQuruBc/T2Ro1jKaRzqzhipsVz2CvE/r5+p6DLIKU8zRTheHIoyBlUCi2zgkAqCFZtqgnCRAYZ4jATCOiBp6hDc5ZdXScezXcd2b71a46qMowpOwCk4Ay64AA3QBC3QBhg8gmfwCt6MJ+PFeDc+Fq0Vo5w5Bn9gfP4AQJqa7g==</latexit><latexit sha1_base64="+kyFVu39U0zmOmh0aZOESqGPtsc=">AAACDnicbVC7TsMwFHXKq4RXgJHFoqoES5RkAbZKDHQsEn1ITVQ5rtNadZzIdkBV1C9g4VdYGECIlZmNv8FpM0DLka50dM596J4wZVQqx/k2KmvrG5tb1W1zZ3dv/8A6POrIJBOYtHHCEtELkSSMctJWVDHSSwVBcchIN5xcF373nghJE36npikJYjTiNKIYKS0NrLqPCVdEUD4yPds7h03Ehw+CKi1A34c3AqVjObBqju3MAVeJW5IaKNEaWF/+MMFZrHdjhqTsu06qghwJRTEjM9PPJEkRnqAR6WvKUUxkkM/fmcG6VoYwSoQuruBc/T2Ro1jKaRzqzhipsVz2CvE/r5+p6DLIKU8zRTheHIoyBlUCi2zgkAqCFZtqgnCRAYZ4jATCOiBp6hDc5ZdXScezXcd2b71a46qMowpOwCk4Ay64AA3QBC3QBhg8gmfwCt6MJ+PFeDc+Fq0Vo5w5Bn9gfP4AQJqa7g==</latexit><latexit sha1_base64="+kyFVu39U0zmOmh0aZOESqGPtsc=">AAACDnicbVC7TsMwFHXKq4RXgJHFoqoES5RkAbZKDHQsEn1ITVQ5rtNadZzIdkBV1C9g4VdYGECIlZmNv8FpM0DLka50dM596J4wZVQqx/k2KmvrG5tb1W1zZ3dv/8A6POrIJBOYtHHCEtELkSSMctJWVDHSSwVBcchIN5xcF373nghJE36npikJYjTiNKIYKS0NrLqPCVdEUD4yPds7h03Ehw+CKi1A34c3AqVjObBqju3MAVeJW5IaKNEaWF/+MMFZrHdjhqTsu06qghwJRTEjM9PPJEkRnqAR6WvKUUxkkM/fmcG6VoYwSoQuruBc/T2Ro1jKaRzqzhipsVz2CvE/r5+p6DLIKU8zRTheHIoyBlUCi2zgkAqCFZtqgnCRAYZ4jATCOiBp6hDc5ZdXScezXcd2b71a46qMowpOwCk4Ay64AA3QBC3QBhg8gmfwCt6MJ+PFeDc+Fq0Vo5w5Bn9gfP4AQJqa7g==</latexit>

Doc. Graphs G
<latexit sha1_base64="mQqyQ0Pmrm9zq7M5B6SHkhftTTg=">AAAB+HicbVBNS8NAEJ3Ur1o/GvXoZbEVPIWkF/VWUKjHCvYD2lA22027dLMJuxuhhv4SLx4U8epP8ea/cdvmoK0PBh7vzTAzL0g4U9p1v63CxubW9k5xt7S3f3BYto+O2ypOJaEtEvNYdgOsKGeCtjTTnHYTSXEUcNoJJjdzv/NIpWKxeNDThPoRHgkWMoK1kQZ2+TYmDmpInIwVqjaqA7viOu4CaJ14OalAjubA/uoPY5JGVGjCsVI9z020n2GpGeF0VuqniiaYTPCI9gwVOKLKzxaHz9C5UYYojKUpodFC/T2R4UipaRSYzgjrsVr15uJ/Xi/V4ZWfMZGkmgqyXBSmHOkYzVNAQyYp0XxqCCaSmVsRGWOJiTZZlUwI3urL66RdczzX8e5rlfp1HkcRTuEMLsCDS6jDHTShBQRSeIZXeLOerBfr3fpYthasfOYE/sD6/AGRoJGu</latexit><latexit sha1_base64="mQqyQ0Pmrm9zq7M5B6SHkhftTTg=">AAAB+HicbVBNS8NAEJ3Ur1o/GvXoZbEVPIWkF/VWUKjHCvYD2lA22027dLMJuxuhhv4SLx4U8epP8ea/cdvmoK0PBh7vzTAzL0g4U9p1v63CxubW9k5xt7S3f3BYto+O2ypOJaEtEvNYdgOsKGeCtjTTnHYTSXEUcNoJJjdzv/NIpWKxeNDThPoRHgkWMoK1kQZ2+TYmDmpInIwVqjaqA7viOu4CaJ14OalAjubA/uoPY5JGVGjCsVI9z020n2GpGeF0VuqniiaYTPCI9gwVOKLKzxaHz9C5UYYojKUpodFC/T2R4UipaRSYzgjrsVr15uJ/Xi/V4ZWfMZGkmgqyXBSmHOkYzVNAQyYp0XxqCCaSmVsRGWOJiTZZlUwI3urL66RdczzX8e5rlfp1HkcRTuEMLsCDS6jDHTShBQRSeIZXeLOerBfr3fpYthasfOYE/sD6/AGRoJGu</latexit><latexit sha1_base64="mQqyQ0Pmrm9zq7M5B6SHkhftTTg=">AAAB+HicbVBNS8NAEJ3Ur1o/GvXoZbEVPIWkF/VWUKjHCvYD2lA22027dLMJuxuhhv4SLx4U8epP8ea/cdvmoK0PBh7vzTAzL0g4U9p1v63CxubW9k5xt7S3f3BYto+O2ypOJaEtEvNYdgOsKGeCtjTTnHYTSXEUcNoJJjdzv/NIpWKxeNDThPoRHgkWMoK1kQZ2+TYmDmpInIwVqjaqA7viOu4CaJ14OalAjubA/uoPY5JGVGjCsVI9z020n2GpGeF0VuqniiaYTPCI9gwVOKLKzxaHz9C5UYYojKUpodFC/T2R4UipaRSYzgjrsVr15uJ/Xi/V4ZWfMZGkmgqyXBSmHOkYzVNAQyYp0XxqCCaSmVsRGWOJiTZZlUwI3urL66RdczzX8e5rlfp1HkcRTuEMLsCDS6jDHTShBQRSeIZXeLOerBfr3fpYthasfOYE/sD6/AGRoJGu</latexit><latexit sha1_base64="mQqyQ0Pmrm9zq7M5B6SHkhftTTg=">AAAB+HicbVBNS8NAEJ3Ur1o/GvXoZbEVPIWkF/VWUKjHCvYD2lA22027dLMJuxuhhv4SLx4U8epP8ea/cdvmoK0PBh7vzTAzL0g4U9p1v63CxubW9k5xt7S3f3BYto+O2ypOJaEtEvNYdgOsKGeCtjTTnHYTSXEUcNoJJjdzv/NIpWKxeNDThPoRHgkWMoK1kQZ2+TYmDmpInIwVqjaqA7viOu4CaJ14OalAjubA/uoPY5JGVGjCsVI9z020n2GpGeF0VuqniiaYTPCI9gwVOKLKzxaHz9C5UYYojKUpodFC/T2R4UipaRSYzgjrsVr15uJ/Xi/V4ZWfMZGkmgqyXBSmHOkYzVNAQyYp0XxqCCaSmVsRGWOJiTZZlUwI3urL66RdczzX8e5rlfp1HkcRTuEMLsCDS6jDHTShBQRSeIZXeLOerBfr3fpYthasfOYE/sD6/AGRoJGu</latexit>

Query Graph q 2 Q
<latexit sha1_base64="47+sut3j3xyLhpE/WaXfp6AtE4c=">AAAB/nicbVBNS8NAEN3Ur1q/ouLJy2IreCpJL+qt4EGPLdgPaEPZbCft0s0m7m6EEAr+FS8eFPHq7/Dmv3Hb5qCtDwYe780wM8+POVPacb6twtr6xuZWcbu0s7u3f2AfHrVVlEgKLRrxSHZ9ooAzAS3NNIduLIGEPoeOP7mZ+Z1HkIpF4l6nMXghGQkWMEq0kQb2STMBmeJbSeIxrjzgPhO4WRnYZafqzIFXiZuTMsrRGNhf/WFEkxCEppwo1XOdWHsZkZpRDtNSP1EQEzohI+gZKkgIysvm50/xuVGGOIikKaHxXP09kZFQqTT0TWdI9FgtezPxP6+X6ODKy5iIEw2CLhYFCcc6wrMs8JBJoJqnhhAqmbkV0zGRhGqTWMmE4C6/vEratarrVN1mrVy/zuMoolN0hi6Qiy5RHd2hBmohijL0jF7Rm/VkvVjv1seitWDlM8foD6zPHxW+lDc=</latexit><latexit sha1_base64="47+sut3j3xyLhpE/WaXfp6AtE4c=">AAAB/nicbVBNS8NAEN3Ur1q/ouLJy2IreCpJL+qt4EGPLdgPaEPZbCft0s0m7m6EEAr+FS8eFPHq7/Dmv3Hb5qCtDwYe780wM8+POVPacb6twtr6xuZWcbu0s7u3f2AfHrVVlEgKLRrxSHZ9ooAzAS3NNIduLIGEPoeOP7mZ+Z1HkIpF4l6nMXghGQkWMEq0kQb2STMBmeJbSeIxrjzgPhO4WRnYZafqzIFXiZuTMsrRGNhf/WFEkxCEppwo1XOdWHsZkZpRDtNSP1EQEzohI+gZKkgIysvm50/xuVGGOIikKaHxXP09kZFQqTT0TWdI9FgtezPxP6+X6ODKy5iIEw2CLhYFCcc6wrMs8JBJoJqnhhAqmbkV0zGRhGqTWMmE4C6/vEratarrVN1mrVy/zuMoolN0hi6Qiy5RHd2hBmohijL0jF7Rm/VkvVjv1seitWDlM8foD6zPHxW+lDc=</latexit><latexit sha1_base64="47+sut3j3xyLhpE/WaXfp6AtE4c=">AAAB/nicbVBNS8NAEN3Ur1q/ouLJy2IreCpJL+qt4EGPLdgPaEPZbCft0s0m7m6EEAr+FS8eFPHq7/Dmv3Hb5qCtDwYe780wM8+POVPacb6twtr6xuZWcbu0s7u3f2AfHrVVlEgKLRrxSHZ9ooAzAS3NNIduLIGEPoeOP7mZ+Z1HkIpF4l6nMXghGQkWMEq0kQb2STMBmeJbSeIxrjzgPhO4WRnYZafqzIFXiZuTMsrRGNhf/WFEkxCEppwo1XOdWHsZkZpRDtNSP1EQEzohI+gZKkgIysvm50/xuVGGOIikKaHxXP09kZFQqTT0TWdI9FgtezPxP6+X6ODKy5iIEw2CLhYFCcc6wrMs8JBJoJqnhhAqmbkV0zGRhGqTWMmE4C6/vEratarrVN1mrVy/zuMoolN0hi6Qiy5RHd2hBmohijL0jF7Rm/VkvVjv1seitWDlM8foD6zPHxW+lDc=</latexit><latexit sha1_base64="47+sut3j3xyLhpE/WaXfp6AtE4c=">AAAB/nicbVBNS8NAEN3Ur1q/ouLJy2IreCpJL+qt4EGPLdgPaEPZbCft0s0m7m6EEAr+FS8eFPHq7/Dmv3Hb5qCtDwYe780wM8+POVPacb6twtr6xuZWcbu0s7u3f2AfHrVVlEgKLRrxSHZ9ooAzAS3NNIduLIGEPoeOP7mZ+Z1HkIpF4l6nMXghGQkWMEq0kQb2STMBmeJbSeIxrjzgPhO4WRnYZafqzIFXiZuTMsrRGNhf/WFEkxCEppwo1XOdWHsZkZpRDtNSP1EQEzohI+gZKkgIysvm50/xuVGGOIikKaHxXP09kZFQqTT0TWdI9FgtezPxP6+X6ODKy5iIEw2CLhYFCcc6wrMs8JBJoJqnhhAqmbkV0zGRhGqTWMmE4C6/vEratarrVN1mrVy/zuMoolN0hi6Qiy5RHd2hBmohijL0jF7Rm/VkvVjv1seitWDlM8foD6zPHxW+lDc=</latexit>

2.3) Graph
Matching
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… … … n
<latexit sha1_base64="4a29xNUw+tkuEbq9tvj6Y5rYqyc=">AAAB6HicdVBNS8NAEJ3Ur1q/qh69LBbBU0iKUHsrePHYgm2FtpTNdtKu3WzC7kYopb/AiwdFvPqTvPlv3KYRVPTBwOO9GWbmBYng2njeh1NYW9/Y3Cpul3Z29/YPyodHHR2nimGbxSJWtwHVKLjEtuFG4G2ikEaBwG4wvVr63XtUmsfyxswSHER0LHnIGTVWaslhueK59QxkRWoXOan7xHe9DBXI0RyW3/ujmKURSsME1brne4kZzKkynAlclPqpxoSyKR1jz1JJI9SDeXbogpxZZUTCWNmShmTq94k5jbSeRYHtjKiZ6N/eUvzL66UmvBzMuUxSg5KtFoWpICYmy6/JiCtkRswsoUxxeythE6ooMzabkg3h61PyP+lUXd9z/Va10qjncRThBE7hHHyoQQOuoQltYIDwAE/w7Nw5j86L87pqLTj5zDH8gPP2Caj2jXo=</latexit><latexit sha1_base64="4a29xNUw+tkuEbq9tvj6Y5rYqyc=">AAAB6HicdVBNS8NAEJ3Ur1q/qh69LBbBU0iKUHsrePHYgm2FtpTNdtKu3WzC7kYopb/AiwdFvPqTvPlv3KYRVPTBwOO9GWbmBYng2njeh1NYW9/Y3Cpul3Z29/YPyodHHR2nimGbxSJWtwHVKLjEtuFG4G2ikEaBwG4wvVr63XtUmsfyxswSHER0LHnIGTVWaslhueK59QxkRWoXOan7xHe9DBXI0RyW3/ujmKURSsME1brne4kZzKkynAlclPqpxoSyKR1jz1JJI9SDeXbogpxZZUTCWNmShmTq94k5jbSeRYHtjKiZ6N/eUvzL66UmvBzMuUxSg5KtFoWpICYmy6/JiCtkRswsoUxxeythE6ooMzabkg3h61PyP+lUXd9z/Va10qjncRThBE7hHHyoQQOuoQltYIDwAE/w7Nw5j86L87pqLTj5zDH8gPP2Caj2jXo=</latexit><latexit sha1_base64="4a29xNUw+tkuEbq9tvj6Y5rYqyc=">AAAB6HicdVBNS8NAEJ3Ur1q/qh69LBbBU0iKUHsrePHYgm2FtpTNdtKu3WzC7kYopb/AiwdFvPqTvPlv3KYRVPTBwOO9GWbmBYng2njeh1NYW9/Y3Cpul3Z29/YPyodHHR2nimGbxSJWtwHVKLjEtuFG4G2ikEaBwG4wvVr63XtUmsfyxswSHER0LHnIGTVWaslhueK59QxkRWoXOan7xHe9DBXI0RyW3/ujmKURSsME1brne4kZzKkynAlclPqpxoSyKR1jz1JJI9SDeXbogpxZZUTCWNmShmTq94k5jbSeRYHtjKiZ6N/eUvzL66UmvBzMuUxSg5KtFoWpICYmy6/JiCtkRswsoUxxeythE6ooMzabkg3h61PyP+lUXd9z/Va10qjncRThBE7hHHyoQQOuoQltYIDwAE/w7Nw5j86L87pqLTj5zDH8gPP2Caj2jXo=</latexit><latexit sha1_base64="4a29xNUw+tkuEbq9tvj6Y5rYqyc=">AAAB6HicdVBNS8NAEJ3Ur1q/qh69LBbBU0iKUHsrePHYgm2FtpTNdtKu3WzC7kYopb/AiwdFvPqTvPlv3KYRVPTBwOO9GWbmBYng2njeh1NYW9/Y3Cpul3Z29/YPyodHHR2nimGbxSJWtwHVKLjEtuFG4G2ikEaBwG4wvVr63XtUmsfyxswSHER0LHnIGTVWaslhueK59QxkRWoXOan7xHe9DBXI0RyW3/ujmKURSsME1brne4kZzKkynAlclPqpxoSyKR1jz1JJI9SDeXbogpxZZUTCWNmShmTq94k5jbSeRYHtjKiZ6N/eUvzL66UmvBzMuUxSg5KtFoWpICYmy6/JiCtkRswsoUxxeythE6ooMzabkg3h61PyP+lUXd9z/Va10qjncRThBE7hHHyoQQOuoQltYIDwAE/w7Nw5j86L87pqLTj5zDH8gPP2Caj2jXo=</latexit>

3
<latexit sha1_base64="KzZensCVszTZJAsIHlVGFcEGmvs=">AAAB6HicdVDLSgNBEOyNrxhfUY9eBoPgadmNQswt4MVjAuYByRJmJ51kzOyDmVkhLPkCLx4U8eonefNvnGxWUNGChqKqm+4uPxZcacf5sApr6xubW8Xt0s7u3v5B+fCoo6JEMmyzSESy51OFgofY1lwL7MUSaeAL7Pqz66XfvUepeBTe6nmMXkAnIR9zRrWRWhfDcsWx6xnIitQuc1J3iWs7GSqQozksvw9GEUsCDDUTVKm+68TaS6nUnAlclAaJwpiyGZ1g39CQBqi8NDt0Qc6MMiLjSJoKNcnU7xMpDZSaB77pDKieqt/eUvzL6yd6fOWlPIwTjSFbLRonguiILL8mIy6RaTE3hDLJza2ETamkTJtsSiaEr0/J/6RTtV3HdlvVSqOex1GEEziFc3ChBg24gSa0gQHCAzzBs3VnPVov1uuqtWDlM8fwA9bbJ0+KjT8=</latexit><latexit sha1_base64="KzZensCVszTZJAsIHlVGFcEGmvs=">AAAB6HicdVDLSgNBEOyNrxhfUY9eBoPgadmNQswt4MVjAuYByRJmJ51kzOyDmVkhLPkCLx4U8eonefNvnGxWUNGChqKqm+4uPxZcacf5sApr6xubW8Xt0s7u3v5B+fCoo6JEMmyzSESy51OFgofY1lwL7MUSaeAL7Pqz66XfvUepeBTe6nmMXkAnIR9zRrWRWhfDcsWx6xnIitQuc1J3iWs7GSqQozksvw9GEUsCDDUTVKm+68TaS6nUnAlclAaJwpiyGZ1g39CQBqi8NDt0Qc6MMiLjSJoKNcnU7xMpDZSaB77pDKieqt/eUvzL6yd6fOWlPIwTjSFbLRonguiILL8mIy6RaTE3hDLJza2ETamkTJtsSiaEr0/J/6RTtV3HdlvVSqOex1GEEziFc3ChBg24gSa0gQHCAzzBs3VnPVov1uuqtWDlM8fwA9bbJ0+KjT8=</latexit><latexit sha1_base64="KzZensCVszTZJAsIHlVGFcEGmvs=">AAAB6HicdVDLSgNBEOyNrxhfUY9eBoPgadmNQswt4MVjAuYByRJmJ51kzOyDmVkhLPkCLx4U8eonefNvnGxWUNGChqKqm+4uPxZcacf5sApr6xubW8Xt0s7u3v5B+fCoo6JEMmyzSESy51OFgofY1lwL7MUSaeAL7Pqz66XfvUepeBTe6nmMXkAnIR9zRrWRWhfDcsWx6xnIitQuc1J3iWs7GSqQozksvw9GEUsCDDUTVKm+68TaS6nUnAlclAaJwpiyGZ1g39CQBqi8NDt0Qc6MMiLjSJoKNcnU7xMpDZSaB77pDKieqt/eUvzL6yd6fOWlPIwTjSFbLRonguiILL8mIy6RaTE3hDLJza2ETamkTJtsSiaEr0/J/6RTtV3HdlvVSqOex1GEEziFc3ChBg24gSa0gQHCAzzBs3VnPVov1uuqtWDlM8fwA9bbJ0+KjT8=</latexit><latexit sha1_base64="KzZensCVszTZJAsIHlVGFcEGmvs=">AAAB6HicdVDLSgNBEOyNrxhfUY9eBoPgadmNQswt4MVjAuYByRJmJ51kzOyDmVkhLPkCLx4U8eonefNvnGxWUNGChqKqm+4uPxZcacf5sApr6xubW8Xt0s7u3v5B+fCoo6JEMmyzSESy51OFgofY1lwL7MUSaeAL7Pqz66XfvUepeBTe6nmMXkAnIR9zRrWRWhfDcsWx6xnIitQuc1J3iWs7GSqQozksvw9GEUsCDDUTVKm+68TaS6nUnAlclAaJwpiyGZ1g39CQBqi8NDt0Qc6MMiLjSJoKNcnU7xMpDZSaB77pDKieqt/eUvzL6yd6fOWlPIwTjSFbLRonguiILL8mIy6RaTE3hDLJza2ETamkTJtsSiaEr0/J/6RTtV3HdlvVSqOex1GEEziFc3ChBg24gSa0gQHCAzzBs3VnPVov1uuqtWDlM8fwA9bbJ0+KjT8=</latexit>

2
<latexit sha1_base64="ir4fXiHKFeseFB7q5RDN4j7ONOI=">AAAB6HicdVBNS8NAEJ3Ur1q/qh69LBbBU0iKUHsrePHYgm2FNpTNdtKu3XywuxFK6C/w4kERr/4kb/4bt2kEFX0w8Hhvhpl5fiK40o7zYZXW1jc2t8rblZ3dvf2D6uFRT8WpZNhlsYjlrU8VCh5hV3Mt8DaRSENfYN+fXS39/j1KxePoRs8T9EI6iXjAGdVG6tRH1ZpjN3OQFWlcFKTpEtd2ctSgQHtUfR+OY5aGGGkmqFID10m0l1GpORO4qAxThQllMzrBgaERDVF5WX7ogpwZZUyCWJqKNMnV7xMZDZWah77pDKmeqt/eUvzLG6Q6uPQyHiWpxoitFgWpIDomy6/JmEtkWswNoUxycythUyop0yabignh61PyP+nVbdex3U691moWcZThBE7hHFxoQAuuoQ1dYIDwAE/wbN1Zj9aL9bpqLVnFzDH8gPX2CU4GjT4=</latexit><latexit sha1_base64="p2/D6evwY6z0F7qRKRqJRd2vzzI=">AAAB5HicdVBNS8NAEJ3Urxq/qlcvi0XwFJIi1N4KXjxWsB/QhrLZTtq1mw92N0IJ/QVePChe/U3e/Ddu0wgq+mDg8d4MM/OCVHClXffDqmxsbm3vVHftvf2Dw6OafdxTSSYZdlkiEjkIqELBY+xqrgUOUok0CgT2g/n1yu8/oFQ8ie/0IkU/otOYh5xRbaTbxrhWd51WAbImzcuStDziOW6BOpTojGvvo0nCsghjzQRVaui5qfZzKjVnApf2KFOYUjanUxwaGtMIlZ8Xhy7JuVEmJEykqViTQv0+kdNIqUUUmM6I6pn67a3Ev7xhpsMrP+dxmmmM2XpRmAmiE7L6mky4RKbFwhDKJDe3EjajkjJtsrFNCF+fkv9Jr+F4ruPV260yjCqcwhlcgAdNaMMNdKALDBAe4RlerHvryXpdN1ascuIEfsB6+wTiD4wW</latexit><latexit sha1_base64="p2/D6evwY6z0F7qRKRqJRd2vzzI=">AAAB5HicdVBNS8NAEJ3Urxq/qlcvi0XwFJIi1N4KXjxWsB/QhrLZTtq1mw92N0IJ/QVePChe/U3e/Ddu0wgq+mDg8d4MM/OCVHClXffDqmxsbm3vVHftvf2Dw6OafdxTSSYZdlkiEjkIqELBY+xqrgUOUok0CgT2g/n1yu8/oFQ8ie/0IkU/otOYh5xRbaTbxrhWd51WAbImzcuStDziOW6BOpTojGvvo0nCsghjzQRVaui5qfZzKjVnApf2KFOYUjanUxwaGtMIlZ8Xhy7JuVEmJEykqViTQv0+kdNIqUUUmM6I6pn67a3Ev7xhpsMrP+dxmmmM2XpRmAmiE7L6mky4RKbFwhDKJDe3EjajkjJtsrFNCF+fkv9Jr+F4ruPV260yjCqcwhlcgAdNaMMNdKALDBAe4RlerHvryXpdN1ascuIEfsB6+wTiD4wW</latexit><latexit sha1_base64="p2/D6evwY6z0F7qRKRqJRd2vzzI=">AAAB5HicdVBNS8NAEJ3Urxq/qlcvi0XwFJIi1N4KXjxWsB/QhrLZTtq1mw92N0IJ/QVePChe/U3e/Ddu0wgq+mDg8d4MM/OCVHClXffDqmxsbm3vVHftvf2Dw6OafdxTSSYZdlkiEjkIqELBY+xqrgUOUok0CgT2g/n1yu8/oFQ8ie/0IkU/otOYh5xRbaTbxrhWd51WAbImzcuStDziOW6BOpTojGvvo0nCsghjzQRVaui5qfZzKjVnApf2KFOYUjanUxwaGtMIlZ8Xhy7JuVEmJEykqViTQv0+kdNIqUUUmM6I6pn67a3Ev7xhpsMrP+dxmmmM2XpRmAmiE7L6mky4RKbFwhDKJDe3EjajkjJtsrFNCF+fkv9Jr+F4ruPV260yjCqcwhlcgAdNaMMNdKALDBAe4RlerHvryXpdN1ascuIEfsB6+wTiD4wW</latexit>

1
<latexit sha1_base64="ysMUYX4PN22L43CAHSFoQcujOzM=">AAAB6HicdVBNS8NAEJ3Ur1q/qh69LBbBU0iKUHsrePHYgm2FNpTNdtKu3XywuxFK6C/w4kERr/4kb/4bt2kEFX0w8Hhvhpl5fiK40o7zYZXW1jc2t8rblZ3dvf2D6uFRT8WpZNhlsYjlrU8VCh5hV3Mt8DaRSENfYN+fXS39/j1KxePoRs8T9EI6iXjAGdVG6rijas2xmznIijQuCtJ0iWs7OWpQoD2qvg/HMUtDjDQTVKmB6yTay6jUnAlcVIapwoSyGZ3gwNCIhqi8LD90Qc6MMiZBLE1FmuTq94mMhkrNQ990hlRP1W9vKf7lDVIdXHoZj5JUY8RWi4JUEB2T5ddkzCUyLeaGUCa5uZWwKZWUaZNNxYTw9Sn5n/TqtuvYbqdeazWLOMpwAqdwDi40oAXX0IYuMEB4gCd4tu6sR+vFel21lqxi5hh+wHr7BEyCjT0=</latexit><latexit sha1_base64="ysMUYX4PN22L43CAHSFoQcujOzM=">AAAB6HicdVBNS8NAEJ3Ur1q/qh69LBbBU0iKUHsrePHYgm2FNpTNdtKu3XywuxFK6C/w4kERr/4kb/4bt2kEFX0w8Hhvhpl5fiK40o7zYZXW1jc2t8rblZ3dvf2D6uFRT8WpZNhlsYjlrU8VCh5hV3Mt8DaRSENfYN+fXS39/j1KxePoRs8T9EI6iXjAGdVG6rijas2xmznIijQuCtJ0iWs7OWpQoD2qvg/HMUtDjDQTVKmB6yTay6jUnAlcVIapwoSyGZ3gwNCIhqi8LD90Qc6MMiZBLE1FmuTq94mMhkrNQ990hlRP1W9vKf7lDVIdXHoZj5JUY8RWi4JUEB2T5ddkzCUyLeaGUCa5uZWwKZWUaZNNxYTw9Sn5n/TqtuvYbqdeazWLOMpwAqdwDi40oAXX0IYuMEB4gCd4tu6sR+vFel21lqxi5hh+wHr7BEyCjT0=</latexit><latexit sha1_base64="ysMUYX4PN22L43CAHSFoQcujOzM=">AAAB6HicdVBNS8NAEJ3Ur1q/qh69LBbBU0iKUHsrePHYgm2FNpTNdtKu3XywuxFK6C/w4kERr/4kb/4bt2kEFX0w8Hhvhpl5fiK40o7zYZXW1jc2t8rblZ3dvf2D6uFRT8WpZNhlsYjlrU8VCh5hV3Mt8DaRSENfYN+fXS39/j1KxePoRs8T9EI6iXjAGdVG6rijas2xmznIijQuCtJ0iWs7OWpQoD2qvg/HMUtDjDQTVKmB6yTay6jUnAlcVIapwoSyGZ3gwNCIhqi8LD90Qc6MMiZBLE1FmuTq94mMhkrNQ990hlRP1W9vKf7lDVIdXHoZj5JUY8RWi4JUEB2T5ddkzCUyLeaGUCa5uZWwKZWUaZNNxYTw9Sn5n/TqtuvYbqdeazWLOMpwAqdwDi40oAXX0IYuMEB4gCd4tu6sR+vFel21lqxi5hh+wHr7BEyCjT0=</latexit><latexit sha1_base64="ysMUYX4PN22L43CAHSFoQcujOzM=">AAAB6HicdVBNS8NAEJ3Ur1q/qh69LBbBU0iKUHsrePHYgm2FNpTNdtKu3XywuxFK6C/w4kERr/4kb/4bt2kEFX0w8Hhvhpl5fiK40o7zYZXW1jc2t8rblZ3dvf2D6uFRT8WpZNhlsYjlrU8VCh5hV3Mt8DaRSENfYN+fXS39/j1KxePoRs8T9EI6iXjAGdVG6rijas2xmznIijQuCtJ0iWs7OWpQoD2qvg/HMUtDjDQTVKmB6yTay6jUnAlcVIapwoSyGZ3gwNCIhqi8LD90Qc6MMiZBLE1FmuTq94mMhkrNQ990hlRP1W9vKf7lDVIdXHoZj5JUY8RWi4JUEB2T5ddkzCUyLeaGUCa5uZWwKZWUaZNNxYTw9Sn5n/TqtuvYbqdeazWLOMpwAqdwDi40oAXX0IYuMEB4gCd4tu6sR+vFel21lqxi5hh+wHr7BEyCjT0=</latexit>

Fig. 2: Graph-based keyword spotting processing of the word “Möller”.



Cross-Evaluation of Graph-based KWS 5

To reduce scaling variations, the (x, y)-coordinates of the node labels µ(v)
are normalised by a z-score. Formally, we replace (x, y) by (x̂, ŷ), where

x̂ =
x− µx
σx

and ŷ =
y − µy
σy

.

Thereby (µx, µy) and (σx, σy) represent the mean and standard deviation of all
(x, y)-coordinates in the graph under consideration9.

For each manuscript, an original word image, a preprocessed word image, a
skeletonised word image, as well as the corresponding handwriting graph is given
in Fig. 3.

a)
<latexit sha1_base64="Xim1YJ2HhzFHPp80e45IDIeWJ2w=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBZBLyUpBT0WvHisYj+gDWWz3bRLN5uwOxFK6D/w4kERr/4jb/4bt20O2vpg4PHeDDPzgkQKg6777RQ2Nre2d4q7pb39g8Oj8vFJ28SpZrzFYhnrbkANl0LxFgqUvJtoTqNA8k4wuZ37nSeujYjVI04T7kd0pEQoGEUrPdCrQbniVt0FyDrxclKBHM1B+as/jFkacYVMUmN6npugn1GNgkk+K/VTwxPKJnTEe5YqGnHjZ4tLZ+TCKkMSxtqWQrJQf09kNDJmGgW2M6I4NqveXPzP66UY3viZUEmKXLHlojCVBGMyf5sMheYM5dQSyrSwtxI2ppoytOGUbAje6svrpF2rem7Vu69VGvU8jiKcwTlcggfX0IA7aEILGITwDK/w5kycF+fd+Vi2Fpx85hT+wPn8ASH/jQg=</latexit><latexit sha1_base64="Xim1YJ2HhzFHPp80e45IDIeWJ2w=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBZBLyUpBT0WvHisYj+gDWWz3bRLN5uwOxFK6D/w4kERr/4jb/4bt20O2vpg4PHeDDPzgkQKg6777RQ2Nre2d4q7pb39g8Oj8vFJ28SpZrzFYhnrbkANl0LxFgqUvJtoTqNA8k4wuZ37nSeujYjVI04T7kd0pEQoGEUrPdCrQbniVt0FyDrxclKBHM1B+as/jFkacYVMUmN6npugn1GNgkk+K/VTwxPKJnTEe5YqGnHjZ4tLZ+TCKkMSxtqWQrJQf09kNDJmGgW2M6I4NqveXPzP66UY3viZUEmKXLHlojCVBGMyf5sMheYM5dQSyrSwtxI2ppoytOGUbAje6svrpF2rem7Vu69VGvU8jiKcwTlcggfX0IA7aEILGITwDK/w5kycF+fd+Vi2Fpx85hT+wPn8ASH/jQg=</latexit><latexit sha1_base64="Xim1YJ2HhzFHPp80e45IDIeWJ2w=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBZBLyUpBT0WvHisYj+gDWWz3bRLN5uwOxFK6D/w4kERr/4jb/4bt20O2vpg4PHeDDPzgkQKg6777RQ2Nre2d4q7pb39g8Oj8vFJ28SpZrzFYhnrbkANl0LxFgqUvJtoTqNA8k4wuZ37nSeujYjVI04T7kd0pEQoGEUrPdCrQbniVt0FyDrxclKBHM1B+as/jFkacYVMUmN6npugn1GNgkk+K/VTwxPKJnTEe5YqGnHjZ4tLZ+TCKkMSxtqWQrJQf09kNDJmGgW2M6I4NqveXPzP66UY3viZUEmKXLHlojCVBGMyf5sMheYM5dQSyrSwtxI2ppoytOGUbAje6svrpF2rem7Vu69VGvU8jiKcwTlcggfX0IA7aEILGITwDK/w5kycF+fd+Vi2Fpx85hT+wPn8ASH/jQg=</latexit><latexit sha1_base64="Xim1YJ2HhzFHPp80e45IDIeWJ2w=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBZBLyUpBT0WvHisYj+gDWWz3bRLN5uwOxFK6D/w4kERr/4jb/4bt20O2vpg4PHeDDPzgkQKg6777RQ2Nre2d4q7pb39g8Oj8vFJ28SpZrzFYhnrbkANl0LxFgqUvJtoTqNA8k4wuZ37nSeujYjVI04T7kd0pEQoGEUrPdCrQbniVt0FyDrxclKBHM1B+as/jFkacYVMUmN6npugn1GNgkk+K/VTwxPKJnTEe5YqGnHjZ4tLZ+TCKkMSxtqWQrJQf09kNDJmGgW2M6I4NqveXPzP66UY3viZUEmKXLHlojCVBGMyf5sMheYM5dQSyrSwtxI2ppoytOGUbAje6svrpF2rem7Vu69VGvU8jiKcwTlcggfX0IA7aEILGITwDK/w5kycF+fd+Vi2Fpx85hT+wPn8ASH/jQg=</latexit>

b)
<latexit sha1_base64="eqCLlxb6mOq7SY+GIV3jrD/Rn2Y=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBZBLyUpBT0WvHisYj+gDWWz3bRLN5uwOxFK6D/w4kERr/4jb/4bt20O2vpg4PHeDDPzgkQKg6777RQ2Nre2d4q7pb39g8Oj8vFJ28SpZrzFYhnrbkANl0LxFgqUvJtoTqNA8k4wuZ37nSeujYjVI04T7kd0pEQoGEUrPQRXg3LFrboLkHXi5aQCOZqD8ld/GLM04gqZpMb0PDdBP6MaBZN8VuqnhieUTeiI9yxVNOLGzxaXzsiFVYYkjLUthWSh/p7IaGTMNApsZ0RxbFa9ufif10sxvPEzoZIUuWLLRWEqCcZk/jYZCs0ZyqkllGlhbyVsTDVlaMMp2RC81ZfXSbtW9dyqd1+rNOp5HEU4g3O4BA+uoQF30IQWMAjhGV7hzZk4L86787FsLTj5zCn8gfP5AyOEjQk=</latexit><latexit sha1_base64="eqCLlxb6mOq7SY+GIV3jrD/Rn2Y=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBZBLyUpBT0WvHisYj+gDWWz3bRLN5uwOxFK6D/w4kERr/4jb/4bt20O2vpg4PHeDDPzgkQKg6777RQ2Nre2d4q7pb39g8Oj8vFJ28SpZrzFYhnrbkANl0LxFgqUvJtoTqNA8k4wuZ37nSeujYjVI04T7kd0pEQoGEUrPQRXg3LFrboLkHXi5aQCOZqD8ld/GLM04gqZpMb0PDdBP6MaBZN8VuqnhieUTeiI9yxVNOLGzxaXzsiFVYYkjLUthWSh/p7IaGTMNApsZ0RxbFa9ufif10sxvPEzoZIUuWLLRWEqCcZk/jYZCs0ZyqkllGlhbyVsTDVlaMMp2RC81ZfXSbtW9dyqd1+rNOp5HEU4g3O4BA+uoQF30IQWMAjhGV7hzZk4L86787FsLTj5zCn8gfP5AyOEjQk=</latexit><latexit sha1_base64="eqCLlxb6mOq7SY+GIV3jrD/Rn2Y=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBZBLyUpBT0WvHisYj+gDWWz3bRLN5uwOxFK6D/w4kERr/4jb/4bt20O2vpg4PHeDDPzgkQKg6777RQ2Nre2d4q7pb39g8Oj8vFJ28SpZrzFYhnrbkANl0LxFgqUvJtoTqNA8k4wuZ37nSeujYjVI04T7kd0pEQoGEUrPQRXg3LFrboLkHXi5aQCOZqD8ld/GLM04gqZpMb0PDdBP6MaBZN8VuqnhieUTeiI9yxVNOLGzxaXzsiFVYYkjLUthWSh/p7IaGTMNApsZ0RxbFa9ufif10sxvPEzoZIUuWLLRWEqCcZk/jYZCs0ZyqkllGlhbyVsTDVlaMMp2RC81ZfXSbtW9dyqd1+rNOp5HEU4g3O4BA+uoQF30IQWMAjhGV7hzZk4L86787FsLTj5zCn8gfP5AyOEjQk=</latexit><latexit sha1_base64="eqCLlxb6mOq7SY+GIV3jrD/Rn2Y=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBZBLyUpBT0WvHisYj+gDWWz3bRLN5uwOxFK6D/w4kERr/4jb/4bt20O2vpg4PHeDDPzgkQKg6777RQ2Nre2d4q7pb39g8Oj8vFJ28SpZrzFYhnrbkANl0LxFgqUvJtoTqNA8k4wuZ37nSeujYjVI04T7kd0pEQoGEUrPQRXg3LFrboLkHXi5aQCOZqD8ld/GLM04gqZpMb0PDdBP6MaBZN8VuqnhieUTeiI9yxVNOLGzxaXzsiFVYYkjLUthWSh/p7IaGTMNApsZ0RxbFa9ufif10sxvPEzoZIUuWLLRWEqCcZk/jYZCs0ZyqkllGlhbyVsTDVlaMMp2RC81ZfXSbtW9dyqd1+rNOp5HEU4g3O4BA+uoQF30IQWMAjhGV7hzZk4L86787FsLTj5zCn8gfP5AyOEjQk=</latexit>

d)
<latexit sha1_base64="WdOX+YOhK6RCE1VTOqLReklrSYw=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSLopSRF0GPBi8cq9gPaUDabSbt0swm7G6GE/gMvHhTx6j/y5r9x2+agrQ8GHu/NMDMvSAXXxnW/nbX1jc2t7dJOeXdv/+CwcnTc1kmmGLZYIhLVDahGwSW2DDcCu6lCGgcCO8H4duZ3nlBpnshHM0nRj+lQ8ogzaqz0EF4OKlW35s5BVolXkCoUaA4qX/0wYVmM0jBBte55bmr8nCrDmcBpuZ9pTCkb0yH2LJU0Ru3n80un5NwqIYkSZUsaMld/T+Q01noSB7Yzpmakl72Z+J/Xy0x04+dcpplByRaLokwQk5DZ2yTkCpkRE0soU9zeStiIKsqMDadsQ/CWX14l7XrNc2vefb3auCriKMEpnMEFeHANDbiDJrSAQQTP8Apvzth5cd6dj0XrmlPMnMAfOJ8/Jo6NCw==</latexit><latexit sha1_base64="WdOX+YOhK6RCE1VTOqLReklrSYw=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSLopSRF0GPBi8cq9gPaUDabSbt0swm7G6GE/gMvHhTx6j/y5r9x2+agrQ8GHu/NMDMvSAXXxnW/nbX1jc2t7dJOeXdv/+CwcnTc1kmmGLZYIhLVDahGwSW2DDcCu6lCGgcCO8H4duZ3nlBpnshHM0nRj+lQ8ogzaqz0EF4OKlW35s5BVolXkCoUaA4qX/0wYVmM0jBBte55bmr8nCrDmcBpuZ9pTCkb0yH2LJU0Ru3n80un5NwqIYkSZUsaMld/T+Q01noSB7Yzpmakl72Z+J/Xy0x04+dcpplByRaLokwQk5DZ2yTkCpkRE0soU9zeStiIKsqMDadsQ/CWX14l7XrNc2vefb3auCriKMEpnMEFeHANDbiDJrSAQQTP8Apvzth5cd6dj0XrmlPMnMAfOJ8/Jo6NCw==</latexit><latexit sha1_base64="WdOX+YOhK6RCE1VTOqLReklrSYw=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSLopSRF0GPBi8cq9gPaUDabSbt0swm7G6GE/gMvHhTx6j/y5r9x2+agrQ8GHu/NMDMvSAXXxnW/nbX1jc2t7dJOeXdv/+CwcnTc1kmmGLZYIhLVDahGwSW2DDcCu6lCGgcCO8H4duZ3nlBpnshHM0nRj+lQ8ogzaqz0EF4OKlW35s5BVolXkCoUaA4qX/0wYVmM0jBBte55bmr8nCrDmcBpuZ9pTCkb0yH2LJU0Ru3n80un5NwqIYkSZUsaMld/T+Q01noSB7Yzpmakl72Z+J/Xy0x04+dcpplByRaLokwQk5DZ2yTkCpkRE0soU9zeStiIKsqMDadsQ/CWX14l7XrNc2vefb3auCriKMEpnMEFeHANDbiDJrSAQQTP8Apvzth5cd6dj0XrmlPMnMAfOJ8/Jo6NCw==</latexit><latexit sha1_base64="WdOX+YOhK6RCE1VTOqLReklrSYw=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSLopSRF0GPBi8cq9gPaUDabSbt0swm7G6GE/gMvHhTx6j/y5r9x2+agrQ8GHu/NMDMvSAXXxnW/nbX1jc2t7dJOeXdv/+CwcnTc1kmmGLZYIhLVDahGwSW2DDcCu6lCGgcCO8H4duZ3nlBpnshHM0nRj+lQ8ogzaqz0EF4OKlW35s5BVolXkCoUaA4qX/0wYVmM0jBBte55bmr8nCrDmcBpuZ9pTCkb0yH2LJU0Ru3n80un5NwqIYkSZUsaMld/T+Q01noSB7Yzpmakl72Z+J/Xy0x04+dcpplByRaLokwQk5DZ2yTkCpkRE0soU9zeStiIKsqMDadsQ/CWX14l7XrNc2vefb3auCriKMEpnMEFeHANDbiDJrSAQQTP8Apvzth5cd6dj0XrmlPMnMAfOJ8/Jo6NCw==</latexit>

c)
<latexit sha1_base64="CRVC0ZcdO98ZsOnrbmTGnjpCCJQ=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBZBLyUpBT0WvHisYj+gDWWz3bRLN5uwOxFK6D/w4kERr/4jb/4bt20O2vpg4PHeDDPzgkQKg6777RQ2Nre2d4q7pb39g8Oj8vFJ28SpZrzFYhnrbkANl0LxFgqUvJtoTqNA8k4wuZ37nSeujYjVI04T7kd0pEQoGEUrPbCrQbniVt0FyDrxclKBHM1B+as/jFkacYVMUmN6npugn1GNgkk+K/VTwxPKJnTEe5YqGnHjZ4tLZ+TCKkMSxtqWQrJQf09kNDJmGgW2M6I4NqveXPzP66UY3viZUEmKXLHlojCVBGMyf5sMheYM5dQSyrSwtxI2ppoytOGUbAje6svrpF2rem7Vu69VGvU8jiKcwTlcggfX0IA7aEILGITwDK/w5kycF+fd+Vi2Fpx85hT+wPn8ASUJjQo=</latexit><latexit sha1_base64="CRVC0ZcdO98ZsOnrbmTGnjpCCJQ=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBZBLyUpBT0WvHisYj+gDWWz3bRLN5uwOxFK6D/w4kERr/4jb/4bt20O2vpg4PHeDDPzgkQKg6777RQ2Nre2d4q7pb39g8Oj8vFJ28SpZrzFYhnrbkANl0LxFgqUvJtoTqNA8k4wuZ37nSeujYjVI04T7kd0pEQoGEUrPbCrQbniVt0FyDrxclKBHM1B+as/jFkacYVMUmN6npugn1GNgkk+K/VTwxPKJnTEe5YqGnHjZ4tLZ+TCKkMSxtqWQrJQf09kNDJmGgW2M6I4NqveXPzP66UY3viZUEmKXLHlojCVBGMyf5sMheYM5dQSyrSwtxI2ppoytOGUbAje6svrpF2rem7Vu69VGvU8jiKcwTlcggfX0IA7aEILGITwDK/w5kycF+fd+Vi2Fpx85hT+wPn8ASUJjQo=</latexit><latexit sha1_base64="CRVC0ZcdO98ZsOnrbmTGnjpCCJQ=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBZBLyUpBT0WvHisYj+gDWWz3bRLN5uwOxFK6D/w4kERr/4jb/4bt20O2vpg4PHeDDPzgkQKg6777RQ2Nre2d4q7pb39g8Oj8vFJ28SpZrzFYhnrbkANl0LxFgqUvJtoTqNA8k4wuZ37nSeujYjVI04T7kd0pEQoGEUrPbCrQbniVt0FyDrxclKBHM1B+as/jFkacYVMUmN6npugn1GNgkk+K/VTwxPKJnTEe5YqGnHjZ4tLZ+TCKkMSxtqWQrJQf09kNDJmGgW2M6I4NqveXPzP66UY3viZUEmKXLHlojCVBGMyf5sMheYM5dQSyrSwtxI2ppoytOGUbAje6svrpF2rem7Vu69VGvU8jiKcwTlcggfX0IA7aEILGITwDK/w5kycF+fd+Vi2Fpx85hT+wPn8ASUJjQo=</latexit><latexit sha1_base64="CRVC0ZcdO98ZsOnrbmTGnjpCCJQ=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBZBLyUpBT0WvHisYj+gDWWz3bRLN5uwOxFK6D/w4kERr/4jb/4bt20O2vpg4PHeDDPzgkQKg6777RQ2Nre2d4q7pb39g8Oj8vFJ28SpZrzFYhnrbkANl0LxFgqUvJtoTqNA8k4wuZ37nSeujYjVI04T7kd0pEQoGEUrPbCrQbniVt0FyDrxclKBHM1B+as/jFkacYVMUmN6npugn1GNgkk+K/VTwxPKJnTEe5YqGnHjZ4tLZ+TCKkMSxtqWQrJQf09kNDJmGgW2M6I4NqveXPzP66UY3viZUEmKXLHlojCVBGMyf5sMheYM5dQSyrSwtxI2ppoytOGUbAje6svrpF2rem7Vu69VGvU8jiKcwTlcggfX0IA7aEILGITwDK/w5kycF+fd+Vi2Fpx85hT+wPn8ASUJjQo=</latexit>

PAR
<latexit sha1_base64="pWyNjOHFqqBkwHn+6//Ij8H3/Oc=">AAAB6nicbVDLSgNBEOyNrxhfUY9eBoPgKewGQY8RLx7jIw9IljA7mU2GzM4uM71CWPIJXjwo4tUv8ubfOEn2oIkFDUVVN91dQSKFQdf9dgpr6xubW8Xt0s7u3v5B+fCoZeJUM95ksYx1J6CGS6F4EwVK3kk0p1EgeTsY38z89hPXRsTqEScJ9yM6VCIUjKKVHhrX9/1yxa26c5BV4uWkAjka/fJXbxCzNOIKmaTGdD03QT+jGgWTfFrqpYYnlI3pkHctVTTixs/mp07JmVUGJIy1LYVkrv6eyGhkzCQKbGdEcWSWvZn4n9dNMbzyM6GSFLlii0VhKgnGZPY3GQjNGcqJJZRpYW8lbEQ1ZWjTKdkQvOWXV0mrVvXcqndXq9Qv8jiKcAKncA4eXEIdbqEBTWAwhGd4hTdHOi/Ou/OxaC04+cwx/IHz+QPOSY1r</latexit><latexit sha1_base64="pWyNjOHFqqBkwHn+6//Ij8H3/Oc=">AAAB6nicbVDLSgNBEOyNrxhfUY9eBoPgKewGQY8RLx7jIw9IljA7mU2GzM4uM71CWPIJXjwo4tUv8ubfOEn2oIkFDUVVN91dQSKFQdf9dgpr6xubW8Xt0s7u3v5B+fCoZeJUM95ksYx1J6CGS6F4EwVK3kk0p1EgeTsY38z89hPXRsTqEScJ9yM6VCIUjKKVHhrX9/1yxa26c5BV4uWkAjka/fJXbxCzNOIKmaTGdD03QT+jGgWTfFrqpYYnlI3pkHctVTTixs/mp07JmVUGJIy1LYVkrv6eyGhkzCQKbGdEcWSWvZn4n9dNMbzyM6GSFLlii0VhKgnGZPY3GQjNGcqJJZRpYW8lbEQ1ZWjTKdkQvOWXV0mrVvXcqndXq9Qv8jiKcAKncA4eXEIdbqEBTWAwhGd4hTdHOi/Ou/OxaC04+cwx/IHz+QPOSY1r</latexit><latexit sha1_base64="pWyNjOHFqqBkwHn+6//Ij8H3/Oc=">AAAB6nicbVDLSgNBEOyNrxhfUY9eBoPgKewGQY8RLx7jIw9IljA7mU2GzM4uM71CWPIJXjwo4tUv8ubfOEn2oIkFDUVVN91dQSKFQdf9dgpr6xubW8Xt0s7u3v5B+fCoZeJUM95ksYx1J6CGS6F4EwVK3kk0p1EgeTsY38z89hPXRsTqEScJ9yM6VCIUjKKVHhrX9/1yxa26c5BV4uWkAjka/fJXbxCzNOIKmaTGdD03QT+jGgWTfFrqpYYnlI3pkHctVTTixs/mp07JmVUGJIy1LYVkrv6eyGhkzCQKbGdEcWSWvZn4n9dNMbzyM6GSFLlii0VhKgnGZPY3GQjNGcqJJZRpYW8lbEQ1ZWjTKdkQvOWXV0mrVvXcqndXq9Qv8jiKcAKncA4eXEIdbqEBTWAwhGd4hTdHOi/Ou/OxaC04+cwx/IHz+QPOSY1r</latexit><latexit sha1_base64="pWyNjOHFqqBkwHn+6//Ij8H3/Oc=">AAAB6nicbVDLSgNBEOyNrxhfUY9eBoPgKewGQY8RLx7jIw9IljA7mU2GzM4uM71CWPIJXjwo4tUv8ubfOEn2oIkFDUVVN91dQSKFQdf9dgpr6xubW8Xt0s7u3v5B+fCoZeJUM95ksYx1J6CGS6F4EwVK3kk0p1EgeTsY38z89hPXRsTqEScJ9yM6VCIUjKKVHhrX9/1yxa26c5BV4uWkAjka/fJXbxCzNOIKmaTGdD03QT+jGgWTfFrqpYYnlI3pkHctVTTixs/mp07JmVUGJIy1LYVkrv6eyGhkzCQKbGdEcWSWvZn4n9dNMbzyM6GSFLlii0VhKgnGZPY3GQjNGcqJJZRpYW8lbEQ1ZWjTKdkQvOWXV0mrVvXcqndXq9Qv8jiKcAKncA4eXEIdbqEBTWAwhGd4hTdHOi/Ou/OxaC04+cwx/IHz+QPOSY1r</latexit>

AK
<latexit sha1_base64="0SRiFO31wZNbwXCtq9x0sERGX4k=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKoMeKF8FLFfsBbSib7aRdutmE3Y1QQv+BFw+KePUfefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvpn57SdUmsfy0UwS9CM6lDzkjBorPVzf9csVt+rOQVaJl5MK5Gj0y1+9QczSCKVhgmrd9dzE+BlVhjOB01Iv1ZhQNqZD7FoqaYTaz+aXTsmZVQYkjJUtachc/T2R0UjrSRTYzoiakV72ZuJ/Xjc14ZWfcZmkBiVbLApTQUxMZm+TAVfIjJhYQpni9lbCRlRRZmw4JRuCt/zyKmnVqp5b9e5rlfpFHkcRTuAUzsGDS6jDLTSgCQxCeIZXeHPGzovz7nwsWgtOPnMMf+B8/gAk540K</latexit><latexit sha1_base64="0SRiFO31wZNbwXCtq9x0sERGX4k=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKoMeKF8FLFfsBbSib7aRdutmE3Y1QQv+BFw+KePUfefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvpn57SdUmsfy0UwS9CM6lDzkjBorPVzf9csVt+rOQVaJl5MK5Gj0y1+9QczSCKVhgmrd9dzE+BlVhjOB01Iv1ZhQNqZD7FoqaYTaz+aXTsmZVQYkjJUtachc/T2R0UjrSRTYzoiakV72ZuJ/Xjc14ZWfcZmkBiVbLApTQUxMZm+TAVfIjJhYQpni9lbCRlRRZmw4JRuCt/zyKmnVqp5b9e5rlfpFHkcRTuAUzsGDS6jDLTSgCQxCeIZXeHPGzovz7nwsWgtOPnMMf+B8/gAk540K</latexit><latexit sha1_base64="0SRiFO31wZNbwXCtq9x0sERGX4k=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKoMeKF8FLFfsBbSib7aRdutmE3Y1QQv+BFw+KePUfefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvpn57SdUmsfy0UwS9CM6lDzkjBorPVzf9csVt+rOQVaJl5MK5Gj0y1+9QczSCKVhgmrd9dzE+BlVhjOB01Iv1ZhQNqZD7FoqaYTaz+aXTsmZVQYkjJUtachc/T2R0UjrSRTYzoiakV72ZuJ/Xjc14ZWfcZmkBiVbLApTQUxMZm+TAVfIjJhYQpni9lbCRlRRZmw4JRuCt/zyKmnVqp5b9e5rlfpFHkcRTuAUzsGDS6jDLTSgCQxCeIZXeHPGzovz7nwsWgtOPnMMf+B8/gAk540K</latexit><latexit sha1_base64="0SRiFO31wZNbwXCtq9x0sERGX4k=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKoMeKF8FLFfsBbSib7aRdutmE3Y1QQv+BFw+KePUfefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvpn57SdUmsfy0UwS9CM6lDzkjBorPVzf9csVt+rOQVaJl5MK5Gj0y1+9QczSCKVhgmrd9dzE+BlVhjOB01Iv1ZhQNqZD7FoqaYTaz+aXTsmZVQYkjJUtachc/T2R0UjrSRTYzoiakV72ZuJ/Xjc14ZWfcZmkBiVbLApTQUxMZm+TAVfIjJhYQpni9lbCRlRRZmw4JRuCt/zyKmnVqp5b9e5rlfpFHkcRTuAUzsGDS6jDLTSgCQxCeIZXeHPGzovz7nwsWgtOPnMMf+B8/gAk540K</latexit>

BOT
<latexit sha1_base64="Hl8VWZOBD+IdjJpcUKG63SoZvC0=">AAAB6nicbVBNS8NAEJ34WetX1aOXxSJ4KkkR9Fj04s2K/YI2lM120y7dbMLuRCihP8GLB0W8+ou8+W/ctjlo64OBx3szzMwLEikMuu63s7a+sbm1Xdgp7u7tHxyWjo5bJk41400Wy1h3Amq4FIo3UaDknURzGgWSt4Px7cxvP3FtRKwaOEm4H9GhEqFgFK30eHPf6JfKbsWdg6wSLydlyFHvl756g5ilEVfIJDWm67kJ+hnVKJjk02IvNTyhbEyHvGupohE3fjY/dUrOrTIgYaxtKSRz9fdERiNjJlFgOyOKI7PszcT/vG6K4bWfCZWkyBVbLApTSTAms7/JQGjOUE4soUwLeythI6opQ5tO0YbgLb+8SlrViudWvIdquXaZx1GAUziDC/DgCmpwB3VoAoMhPMMrvDnSeXHenY9F65qTz5zAHzifP9FDjW0=</latexit><latexit sha1_base64="Hl8VWZOBD+IdjJpcUKG63SoZvC0=">AAAB6nicbVBNS8NAEJ34WetX1aOXxSJ4KkkR9Fj04s2K/YI2lM120y7dbMLuRCihP8GLB0W8+ou8+W/ctjlo64OBx3szzMwLEikMuu63s7a+sbm1Xdgp7u7tHxyWjo5bJk41400Wy1h3Amq4FIo3UaDknURzGgWSt4Px7cxvP3FtRKwaOEm4H9GhEqFgFK30eHPf6JfKbsWdg6wSLydlyFHvl756g5ilEVfIJDWm67kJ+hnVKJjk02IvNTyhbEyHvGupohE3fjY/dUrOrTIgYaxtKSRz9fdERiNjJlFgOyOKI7PszcT/vG6K4bWfCZWkyBVbLApTSTAms7/JQGjOUE4soUwLeythI6opQ5tO0YbgLb+8SlrViudWvIdquXaZx1GAUziDC/DgCmpwB3VoAoMhPMMrvDnSeXHenY9F65qTz5zAHzifP9FDjW0=</latexit><latexit sha1_base64="Hl8VWZOBD+IdjJpcUKG63SoZvC0=">AAAB6nicbVBNS8NAEJ34WetX1aOXxSJ4KkkR9Fj04s2K/YI2lM120y7dbMLuRCihP8GLB0W8+ou8+W/ctjlo64OBx3szzMwLEikMuu63s7a+sbm1Xdgp7u7tHxyWjo5bJk41400Wy1h3Amq4FIo3UaDknURzGgWSt4Px7cxvP3FtRKwaOEm4H9GhEqFgFK30eHPf6JfKbsWdg6wSLydlyFHvl756g5ilEVfIJDWm67kJ+hnVKJjk02IvNTyhbEyHvGupohE3fjY/dUrOrTIgYaxtKSRz9fdERiNjJlFgOyOKI7PszcT/vG6K4bWfCZWkyBVbLApTSTAms7/JQGjOUE4soUwLeythI6opQ5tO0YbgLb+8SlrViudWvIdquXaZx1GAUziDC/DgCmpwB3VoAoMhPMMrvDnSeXHenY9F65qTz5zAHzifP9FDjW0=</latexit><latexit sha1_base64="Hl8VWZOBD+IdjJpcUKG63SoZvC0=">AAAB6nicbVBNS8NAEJ34WetX1aOXxSJ4KkkR9Fj04s2K/YI2lM120y7dbMLuRCihP8GLB0W8+ou8+W/ctjlo64OBx3szzMwLEikMuu63s7a+sbm1Xdgp7u7tHxyWjo5bJk41400Wy1h3Amq4FIo3UaDknURzGgWSt4Px7cxvP3FtRKwaOEm4H9GhEqFgFK30eHPf6JfKbsWdg6wSLydlyFHvl756g5ilEVfIJDWm67kJ+hnVKJjk02IvNTyhbEyHvGupohE3fjY/dUrOrTIgYaxtKSRz9fdERiNjJlFgOyOKI7PszcT/vG6K4bWfCZWkyBVbLApTSTAms7/JQGjOUE4soUwLeythI6opQ5tO0YbgLb+8SlrViudWvIdquXaZx1GAUziDC/DgCmpwB3VoAoMhPMMrvDnSeXHenY9F65qTz5zAHzifP9FDjW0=</latexit>

GW
<latexit sha1_base64="D2MQhzaxvWyJ6E+qpQc5O5W6R0w=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKUI8FD3qsYj+gDWWz3bRLN5uwOxFK6D/w4kERr/4jb/4bt20O2vpg4PHeDDPzgkQKg6777RQ2Nre2d4q7pb39g8Oj8vFJ28SpZrzFYhnrbkANl0LxFgqUvJtoTqNA8k4wuZn7nSeujYjVI04T7kd0pEQoGEUrPdx2BuWKW3UXIOvEy0kFcjQH5a/+MGZpxBUySY3peW6CfkY1Cib5rNRPDU8om9AR71mqaMSNny0unZELqwxJGGtbCslC/T2R0ciYaRTYzoji2Kx6c/E/r5dieO1nQiUpcsWWi8JUEozJ/G0yFJozlFNLKNPC3krYmGrK0IZTsiF4qy+vk3at6rlV775WaVzlcRThDM7hEjyoQwPuoAktYBDCM7zCmzNxXpx352PZWnDymVP4A+fzB0A1jRw=</latexit><latexit sha1_base64="D2MQhzaxvWyJ6E+qpQc5O5W6R0w=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKUI8FD3qsYj+gDWWz3bRLN5uwOxFK6D/w4kERr/4jb/4bt20O2vpg4PHeDDPzgkQKg6777RQ2Nre2d4q7pb39g8Oj8vFJ28SpZrzFYhnrbkANl0LxFgqUvJtoTqNA8k4wuZn7nSeujYjVI04T7kd0pEQoGEUrPdx2BuWKW3UXIOvEy0kFcjQH5a/+MGZpxBUySY3peW6CfkY1Cib5rNRPDU8om9AR71mqaMSNny0unZELqwxJGGtbCslC/T2R0ciYaRTYzoji2Kx6c/E/r5dieO1nQiUpcsWWi8JUEozJ/G0yFJozlFNLKNPC3krYmGrK0IZTsiF4qy+vk3at6rlV775WaVzlcRThDM7hEjyoQwPuoAktYBDCM7zCmzNxXpx352PZWnDymVP4A+fzB0A1jRw=</latexit><latexit sha1_base64="D2MQhzaxvWyJ6E+qpQc5O5W6R0w=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKUI8FD3qsYj+gDWWz3bRLN5uwOxFK6D/w4kERr/4jb/4bt20O2vpg4PHeDDPzgkQKg6777RQ2Nre2d4q7pb39g8Oj8vFJ28SpZrzFYhnrbkANl0LxFgqUvJtoTqNA8k4wuZn7nSeujYjVI04T7kd0pEQoGEUrPdx2BuWKW3UXIOvEy0kFcjQH5a/+MGZpxBUySY3peW6CfkY1Cib5rNRPDU8om9AR71mqaMSNny0unZELqwxJGGtbCslC/T2R0ciYaRTYzoji2Kx6c/E/r5dieO1nQiUpcsWWi8JUEozJ/G0yFJozlFNLKNPC3krYmGrK0IZTsiF4qy+vk3at6rlV775WaVzlcRThDM7hEjyoQwPuoAktYBDCM7zCmzNxXpx352PZWnDymVP4A+fzB0A1jRw=</latexit><latexit sha1_base64="D2MQhzaxvWyJ6E+qpQc5O5W6R0w=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKUI8FD3qsYj+gDWWz3bRLN5uwOxFK6D/w4kERr/4jb/4bt20O2vpg4PHeDDPzgkQKg6777RQ2Nre2d4q7pb39g8Oj8vFJ28SpZrzFYhnrbkANl0LxFgqUvJtoTqNA8k4wuZn7nSeujYjVI04T7kd0pEQoGEUrPdx2BuWKW3UXIOvEy0kFcjQH5a/+MGZpxBUySY3peW6CfkY1Cib5rNRPDU8om9AR71mqaMSNny0unZELqwxJGGtbCslC/T2R0ciYaRTYzoji2Kx6c/E/r5dieO1nQiUpcsWWi8JUEozJ/G0yFJozlFNLKNPC3krYmGrK0IZTsiF4qy+vk3at6rlV775WaVzlcRThDM7hEjyoQwPuoAktYBDCM7zCmzNxXpx352PZWnDymVP4A+fzB0A1jRw=</latexit>

Fig. 3: Exemplary graph representation of four handwritten historical docu-
ments (viz. George Washington (GW), Parzival (PAR), Alvermann Konzilspro-
tokolle (AK), and Botany (BOT)): (a) Original word image, (b) Preprocessed
word image, (d) Skeletonised word image, (c) Handwriting graph.

2.3 Graph Matching

The actual keyword spotting is based on a pairwise matching of a query graph
q with all graphs g stemming from the set of document graphs G. In this paper,
we make use of Hausdorff Edit Distance (HED) [4]. HED is a quadratic time
lower bound of Graph Edit Distance that measures the minimum-cost defor-
mation needed to transform one graph g1 = (V1, E1, µ1, ν1) into another graph
g2 = (V2, E2, µ2, ν2) by means of deletions (u → ε), insertions (ε → v), and
substitutions (u→ v) of nodes u ∈ V1 and v ∈ V2. Likewise, edit operations are
defined for the edges. Formally, the HED of two graphs g1 and g2 can be derived
by

HED(g1, g2) =
∑
u∈V1

min
v∈V2∪{ε}

f(u, v) +
∑
v∈V2

min
u∈V1∪{ε}

f(u, v) ,

where f(u, v) is a cost function that takes into account the node edit cost c(u→
v) as well as the edge edit cost c(q → r) for all edges q and r adjacent to u and
v, respectively.

9 Note that the resulting graphs are available under http://www.histograph.ch/
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The cost model employed is based on a constant cost τv ∈ R+ for node
deletions/insertions and a constant cost τe ∈ R+ for edge deletions/insertions.
For node substitutions, the following weighted Euclidean distance is employed:√

α (σx(xi − xj))2 + (1− α) (σy(yi − yj))2 ,

where α ∈ [0, 1] denotes a parameter to weight the importance of the x- and
y-coordinate of a node, while σx and σy denote the standard deviation of all
node coordinates in the current query graph q. Edge substitutions are free of
cost (since they are unlabelled). We additionally use a weighting factor β ∈ [0, 1]
to weight the relative importance of the overall node and edge edit costs.

Finally, a retrieval index r is derived. In particular, HED is normalised by
the maximum possible graph edit distance between q and g (i.e. the sum that
results from deleting all nodes and edges of q and inserting all nodes and edges
in g). Formally,

r(q, g) =
HED(q, g)

(|Vq|+ |Vg|) τv + (|Eq|+ |Eg|) τe
.

2.4 Ensemble Methods

In order to increase the generalisability of the proposed framework, we propose
three different ensemble methods that allow to combine optimised cost models
of known documents. The general idea of these systems is as follows. We assume
that we have three documents at hand on which a KWS system can be individ-
ually optimised. We eventually apply all three parametrisations to one unknown
document and combine the three results by means of a statistical measure. For-
mally,

rmin(q, g) = min
i∈{A,B,C}

ri(q, g) ,

rmax(q, g) = max
i∈{A,B,C}

ri(q, g) ,

rmean(q, g) = mean
i∈{A,B,C}

ri(q, g) ,

where {A,B,C} represent three given manuscripts, and ri refers to the HED
optimised on manuscript A, B, or C. If we assume, for instance, that BOT is an
unknown document, {A,B,C} is given by the three remaining documents that
is A = GW, B = PAR, and C = AK.

3 Experimental Evaluation

3.1 Experimental Setup

For all evaluations, the accuracy is measured by the Mean Average Precision
(MAP), which is the mean area under all recall-precision curves of all individual
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keywords. In particular, the evaluation is conducted in two steps, viz. validation
and test.

First, ten different keywords (with different word lengths) are manually se-
lected on each dataset. Based on these keywords, we define an independent val-
idation set for parameter optimisation that consists of 10 random instances per
keyword instance and 900 additional random words (in total 1,000 words). We
evaluate 25 pairs of constants for node and edge deletion/insertion costs (τv =
τe ∈ {1, 4, 8, 16, 32}) in combination with the weighting parameters α = β ∈
{0.1, 0.3, 0.5, 0.7, 0.9} (see Section 2.3). In Table 1, the optimal cost model for
each manuscript is given.

Table 1: Optimal cost function parameter.

GW PAR AK BOT

τv τe α β τv τe α β τv τe α β τv τe α β

8 4 0.1 0.5 8 1 0.5 0.1 16 1 0.1 0.3 8 4 0.1 0.3

Next, the proposed framework is tested using the same training and test sets
as used in [3] and [6]. In Table 2, a summary of dataset characteristics of all four
documents is given.

Table 2: Number of keywords, size of keyword spotting datasets (train and test),
and the image resolution of the original documents in dpi.

Dataset Keywords Train Test dpi

GW 105 2,447 1,224 300

PAR 1,217 11,468 6,869 200

AK 200 1,849 3,734 400

BOT 150 1,684 3,380 400

3.2 Cross-Evaluation

In Table 3, the results of the cross-evaluation are shown for all manuscripts
(columns) using cross-evaluated parameters (rows). For instance, in the first row
we show the KWS results on all four data sets of the system actually optimised
on GW. In the main diagonal of Table 3 we thus provide the KWS results on a
document obtained by the system optimised on the same document.

On GW we observe that the KWS system optimised on BOT achieves a
similar result as the document specific system (actually this system performs
even slightly better). Regarding the optimal parameters for the cost function in
Table 1, this result makes sense as for both GW and BOT very similar parameters
turn out to be optimal. Also the writing styles of both documents are quite
similar (see, for instance, Fig. 1).

Likewise, we observe that on BOT the KWS system optimised on GW
achieves quite similar results as the system optimised on BOT itself. In con-
trast with GW, however, we observe that on this dataset the parametrisation
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seems to have less influence on the KWS accuracy as all parametrisations lead
to similar results. The same accounts for AK, where the optimal parameters for
BOT turn out to achieve the best result on the test set.

On one document, viz. PAR, however, none of the systems optimised on an-
other document can actually keep up with the system that has been optimised
for this specific manuscript. That is we observe deteriorations of the KWS accu-
racy of about 6 to 12 basis points. The system optimised on PAR makes use of
α = 0.5, while all other systems turn out to be optimal with α = 0.1. PAR has
a more dense and straight (i.e. almost no slant) handwriting when compared to
GW, AK, and BOT as shown in Fig. 1. As a result, variations in the x-direction
become more relevant (thus the higher α value).

Table 3: MAP using optimised cost function parameters of one manuscript em-
ployed on all three remaining manuscripts. With ± we indicate the absolute
percental gain or loss in the accuracy of the cross-evaluated manuscript when
compared with the optimised parameter settings (shown in bold face).

GW PAR AK BOT

Optimised on MAP ± MAP ± MAP ± MAP ±

GW 69.28 - 63.39 −5.84 79.54 −0.18 51.21 −0.48
PAR 64.84 −4.44 69.23 - 79.73 +0.01 51.12 −0.57
AK 61.45 −7.82 56.93 −12.30 79.72 - 50.81 −0.88
BOT 69.44 +0.17 62.40 −6.83 80.28 +0.56 51.69 -

Overall we conclude, that the weighting parameter α shows quite a strong
correlation with the density of the handwriting. For a dense and straight hand-
writing the x-direction becomes more important, and thus higher parameter
values for α should be chosen. In contrast to that, β has in most cases only a
minor influence. Finally, it seems that the cost parameters τv and τe are depend-
ing on the size of the handwriting. That is, if the handwriting is characterised
by flourish like in case of AK, for instance, node substitutions should be rather
allowed by the cost model (by defining higher values for τv).

3.3 Ensemble Methods

In Table 4, we show the results of the proposed ensemble methods and the indi-
vidually optimised systems for each document. In the first column, for instance,
we show in the first row the KWS accuracy on GW of the system actually op-
timised on GW. The three ensemble methods combine the results of the three
systems optimised on the remaining datasets.

In three out of four manuscripts, we observe that the ensemble methods can
keep up or even improve the accuracy when compared with the individually op-
timised system. Especially, the ensemble methods max and mean achieve similar
KWS accuracies without any a priori knowledge of the manuscript. Similar to the
cross-evaluation experiment, we observe that ensemble methods can not keep up
on PAR. In contrast to all other manuscripts PAR offers a different writing style,
and the ensemble methods are not able to compensate these obvious differences.
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Table 4: MAP of ensemble methods min, max, and mean. With ± we indicate
the absolute percental gain or loss in the accuracy of the ensemble method when
compared with the optimised parameter settings. Ensemble methods are ranked
by (1), (2), (3).

GW PAR AK BOT Average

MAP ± MAP ± MAP ± MAP ± MAP ±

Optimal 69.28 69.23 79.72 51.69 67.48

min 65.63 −3.65 (3) 56.94 −12.29 (3) 80.28 +0.56 (2) 50.81 −0.88 (3) 63.42 −4.06 (3)

max 69.25 −0.02 (1) 63.39 −5.84 (1) 79.54 −0.18 (3) 51.25 −0.44 (2) 65.86 −1.62 (1)

mean 66.65 −2.62 (2) 62.28 −6.95 (2) 80.42 +0.70 (1) 51.49 −0.20 (1) 65.21 −2.27 (2)

We conclude that with ensemble methods (without document specific adapta-
tions) similar KWS accuracy rates can be achieved as with individual document
specific systems in most cases.

4 Conclusion and Outlook

The automatic recognition of handwritten historical documents is often nega-
tively affected by noise (ink-bleed through, fading, degradation, etc.) as well as
large handwriting variations in different documents. Therefore, Keyword Spot-
ting (KWS) has been proposed as flexible and error-tolerant alternative to full
transcriptions. Basically keyword spotting allows arbitrary retrievals in a docu-
ment in order to make such a document accessible for browsing and searching.

In the last years, a number of graph-based keyword spotting approaches have
been proposed. Yet, all of the proposed approaches are individually optimised
and tested for each manuscript. Consequently, for a novel unseen document the
system first needs to be optimised prior to the actual keyword spotting. In case
of large collections or libraries this clearly reduces the overall applicability and
practical relevance of the proposed graph-based keyword spotting frameworks.

In order to research this problem we conduct a cross-evaluation on four hand-
written historical documents. That is, we evaluate KWS systems that have been
optimised on other, unrelated documents. We observe a clear relationship be-
tween handwriting style and cost model for graph edit distance. Therefore, an
unseen document could be directly accessed by a KWS system that has been
optimised on a similar document without a priori parameter optimisation. More-
over, we show that ensemble methods allow to further increase the overall gen-
eralisability of the graph-based KWS. That is, the proposed ensemble methods,
that need no document specific training, achieve similar accuracy rates as the
optimised cost models.

In future work we aim at including further documents with different hand-
writing styles to our evaluation pipeline. Another research avenue to be pursued
would be to research an automatic a priori triage in order to sort unknown
manuscripts by means of their handwriting style. Finally, one could also extend
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the proposed ensemble methods by means of so-called overproduce-and-select
strategies. That is, starting with the best individual system further cost model
settings are added to an ensemble until a certain saturation is reached.
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